Some references on self-adjoint extensions:

N. I. Akhiezer & I. M. Glazman, Theory of Linear Operators in Hilbert Space
Volume II, Ch VII, somewhat terse but an excellent reference. Note the unconventional
definition of point and continuous spectrum.

M. A. Naimark. Linear Differential Operators

Volume II, Ch IV.14 for self-adjoint extensions, Ch V for the specific application to differential
operators

R. T. W. Martin. Bandlimited functions, curved manifolds, and self-adjoint extensions of symmetric
operators. https://uwspace.uwaterloo.ca/handle/10012/3698

Part 2 Ch 4 for a self-contained account of the theory of self-adjoint extensions, Part 3 Ch 9 for
a discussion of Krein's formula



Od- a4\, a0

\ SOU«'Y\G\& &\u«\o : 2 ;Q\Q - gé\é St ’E x\—w\a\ov@

[

\. 1‘(\\’\& k. A u\r\.\'\\r\: “\b “O W\L)An.m Oj‘()ur&-w—

r coveider Ye  wowwntum m\)um\&v Sor o 4D \‘>ox\no\.\- W QM

o= -id
dx

\

Qr o We  wowimduws o‘). QJQ’f oc\()o\vx\«?

o) \‘;w
Y we
() W\Ml\oe— ~— &\({W\Xb o e Ao‘ma\v\

p\r\}l‘o\\m\ 1\(\\&(\1 oy

‘ R— VJD\?' - Qé "t)u‘m\f = 3 mo“\t}«\\um 'o_immbk'\\—cb A O\D'agw\\ﬁ\c

\
- g\'q\‘b & A‘L‘Q\V\\\ﬂ« vy omm\v\m

e,i'\ e Mme (e, 00) & 37 vy & ESa\ V\D?

= 9\m waver
g (a0 o oly M & ANl o o dindu
e o} - o&:\“\—
e® (e t . comdans A e X AN S

&b‘i m\&/ﬂ ovy \)ouollk ml\{ SO A&m\b

. CXI\M e \o‘\( ‘(\3 (h)nw \o \/\Q\’ o 0‘({!4\“0\4‘-\-‘ X\Dv( e
L \(\mX \m a‘zo.c%\i &nv_\r’\_o:\ﬂ mr\& H

DY)

4é__own u\? o %\l- Q}x‘é‘m\. £ : k) (T)

™ w\\,l S’ QDAQ- A 3\;“{\\' &x\ru«\b‘\ony

hl \'94\\'9 \Il AN \)N\AAJ‘( \M\\A’ C:\\('( uml'a\’l»‘f\uh a %Av el 0&850‘\\{\\' \“-Q\: 'LG\'\\OV\ 7]

- \ U\\'7 \i_eu \{'\a\»\l \\‘\ Low b\’wk&' m)v ~Q \ ;\;\m\— 0\(\7 [ %t 0\\1\’3

- ‘mor\'\(x \\M mr\’: e?\' \Oo m/\& r\.\r\’l (D\r\x N\AV\L




n. Sosic “0\'\0@

bt&w \_ax- 1o TJ(T) C'H — ?\,(T> c 7’(« be @ \‘w\w\— Q(\DU('O\OY- The 'A\melﬂ
S N c«&’o‘w:\- ALY

o) = Laet. Fh oh G- Glnd ¥ seoml

and T&b" g T*O& = M

§ y %

D&‘Y\ T 1o \Awm;\-fam \\— (TS‘\%\> = <¥\T%> \d S;"qQ € D(TD

I Y)&ﬂ T 5 %;\\m\w\r\ns }Y/ Ve \—\axw\\\»ﬁcm : A\bvw&\7 CLS\»\L‘S\

D&“ N . 0R: T 5e %\»Q&g\;‘\" N W MR VA Yo b B D(T*)‘:

—

2 Yomadpanm ngﬂxo\ﬁ\' oo N "\v\\w\rn\ (o,\73

v (, ]
U PGy (Sla0 c VEWal) dx
Q- \og’xbg;' Amnol\h on ,}«‘én \i =~ Qa W’\&\,l m}r t?
OCuad = 1% Vhd | Pepb)d, WelW)
* \(«\’ :’ QQ € Q(.Q\Mox)
(?mgr\o\(s> = l{b (-ig'(x))xa@b& A\x
3 %5
= i %‘(x) o (x) \q - [ -v(y)‘ iq'(x) A
Q @ )
ARCH O I $60 (i) o
"/ e
i \ Porx
PSR I (PN EEN SN GV ot
\\r\\\‘? \own s !
\‘ ( ]
DR Vo e gp Qv D@D 1V DRud | =0 - 08 |
\/ \’\EAWV\‘)\'TO\Y\

VAR T bb\y - mv\u\ &t L\Q' Lauay - wd W6 dqéw\aab?e )




DED

V% WQ\\L&\' \\ooeb\uw : Ab\ma\h & A-‘R’\l er o %\!{N\“Y\ = (é,c;x\\m\uxm
S o= D |
(Po)* = ?W\OX “u_ O\é\i‘o‘\\r\\-
Co # Prnax Lome D@D # D (Puer) ‘ ' Wi
@&-“ T’ \\fa oW L)‘\-ﬁ[v\b:h\/\ o& T \Q b(-_ﬁ> < YDL'\") O«V\é\ ) _\"S' z TS %\" X'ef DCT>
Me. wh\o Tc Tl :
Q\m{\\;ﬂ T < T* ji
2} \J\omm\MW\ OO 1 ‘l
C e $H0 % &) - S:L(ob aQ(o\) No  vawen
e Slad = S0 N W) (O.QL\;) - %Lo) D : 0
= Q\‘7n V\u-c& Q (\o) > a La.)
= [\ Q
SR O < e 0@ud | #w - |
\\\o\b‘. . Qn c ?/ Y -
O *3 4 D(¢) L= ?/ o a ‘7”“" aé\})o?ﬂ\' by\*v\nfz\\%\n ‘ &' ‘?a
R\ 9-&&‘\_‘- e ‘gar@m\whu\ \r))/ : g e 1o 9y)
(L) = J e DR | W - PP & o
P I¢ T Yoo G e ¥ Sr T oy
O Y
> Tex e (T ¢ T s
oo\q';(\v\b\({\qu‘b_ 2. DAES QM\") s n—— \\\OO(YBW\\/\SL\‘ Qr\m\ﬂf\ Q(—T*> 90 W a\’ D(T,) = D(:‘I*)




N, Now  Weuwmonnn - Sowmdon B Qg\’l\.b\ll Twwx&wn

e

Then  O(S) = O(9) + Ny + N

1 T T 1o 9 Aod oy, 0@
w\\om: Ny = \(D‘(((‘Q}‘;i\) : (’R((‘Oii))-\_

Nover * Nt ow W A\RJ.d\mo// bx\w«ub o

o % Yo e,‘\%ov\\n\\w 1L

2N QeMe Do >
N \

e, J}E ‘3‘: & (\O;L('JJ : ‘ttﬁb

\—v\\b wo «D( Q" \) A} ("7\ A mm’ 0“\7/ \7\(1 \ch\ W W “\b

* Thwl

AR{L\W\ c\ll ‘ag\:\u)?

_‘\\m-ﬂ— \.u,\' (91 Q\B‘:Lé\ b\iw\m. o‘{
) 2 o c.\oau:& e\l‘\mm. Q»t\'- & 1) \QV- 3 e,\n'ﬂ-a\ '7\.)\\99\(\_&@

T 9 N

o) %)
C\\f\k\ ‘ an §v,aw\u\\-v\i (\ + Y. — Y. ouh \f\v\c\\—

DY) = D)+ taxVNa : ae¥. Y
(B (w—

~

) 5 A o \ o oxkjm\r m T = N Yo = N

DS: Ne = Qe W s B c\.&?c.\wm// \\\é@UJ? &- S

Thw T = ‘od\ - n& :?\vx\r ?,y\r;m's%e\«b ov\\_\/ bx;"?\’ ;\\- N+ = N

(\A}\“{,. \AULB\ \eom&\\i ’Q LN - \\L\

v e LT e M NS WAC A O\ Y \mw‘&\i

: \}\D\'u b\\Q“OY\ e QO‘\II\L\II \"(o.v\'y SaraY

\rnl\“ QO K C.\O‘?“.h W\{W“’\- Og .

e Nar (Ho ()™

Pogr N % om \\'90\’\;\(‘)“'\” o %ﬂ; éamn\n

C A-Nh 'q\nw

13&0&. mv‘)‘\w\c\' \)\V\Eu\\ll - w\«m__a? MY A \

—~

Mo wor oW Paaw oy % ;,,ob',

” wf;ua\\;l Yoo S Vviinez  Use

,/ 0‘3\‘9 AN um\miuo cksv’ on AN &, ']'L




. \(\&w\% ?\'Qc ' \I

~ L\ VEN w
\9 Ynong,
\

“M« 'é\\w\m'ﬁon% -%v\pmwu-é\ \771 ‘\\- ’ ‘w\m (\b
é‘nma\\\‘\ B Q-‘— \.cmn Nb i

ol

R— N cown VA»\A o ;'abvw.,\v\/\/'l Q’ L N - N o

S R O N N SN 4 Ye HooN.

Y - JY Te N\ cesk \oy \ivxu\'"\w .
7 /7

e T = - (0eNW-1"

gt\v( '(xcxgo‘m\’ ‘ ( Ulns) "1‘3“‘“1""')

"Exow\%\u, + Yoweauwmn ogzx}m' on \E(O/D
©) ,E&Q;Mm/ ogaus Qfsf, = tid S | CONENE Y

, $o) : 3p = GLd - CeX
= oo o V)g\ugw.-\n\—u\qw\V\v on o, |

tee W H o=V

= QX\S‘O% &&Yc}vf\o\i \JL&O\/:/ \|+ ('X) =z @ \-x

(Napsn %0 \\\J*\\i-j \\v-\\>

No ) = ?_l“
S Ny = Qs N, = Ev. ne == 4
)\ ak‘:)&v\,- e \vinedons Lo VD V—amr\\\\//
® CA\II\«/I NeanSNeam N iz (?~-:)L?»+L>-‘
LY $e D@D (Rer DS - a = -i560s (560 - 4l
D) 3

w T
$ G - ie,x\Jig“(\PA}: :

Ce N - o —> (-;a-:>(ie“\§7%<7>37> =

B GANANAY R 1))
o N 1 U

L
|

(\/\0\— \‘°° \\\\A\\{hm\—h\t\g - \OU«\' \-JO.Y\\— \—n A_L\V\ a\\Bth\a‘-a Qo.\ L\A\ 6\\(\\\/\‘.7)

o powe¥des Mol N. = Ny

X L V-
a%\mm \v\/ ¢ — ?‘M e "

® e 10.0%)

(,_\m\, \«w\ &&-‘2 &- N W slmuvamn W(?:n) = N, (e wilsineg, ‘(2)7\/\7\4_& \M.W)

= U0 Ny b adbeadigd e Tt il0ae D0




Y\m«m &&-g, Dk?u_s = ?L(\)ut~\) = r)_L (
A(Fa) = RWxe V) = M4 S
“ow \\‘: ‘(‘¢\on \-o \30\.&\\3\6«\7 DQ‘(\A(\'\QY\ (? I -
um-%é\m, 'a\g'v. oQ € D(?ub Yor. o(\ = (\)0(‘\>¥ Vqr Yome S;GH
EEm— -8 8 gedon. -~V ®E
o e%e i & te N
p/J
alo) = e?j“—\ = g (O = e,;m— '3
Y N .
Q%L\s - e{(ﬂk - e (}\(o) Q,Q,tm -\
con éJ\LL,\/ \o\(\\\ . A e al) = ale) - Q,Le(ﬁ)
| e | S S
%ch

~

o~




